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In this paper, the heat exchange processes between a cold (oil) and a highly heated (water) heat carrier in a 

“tube-in-tube” type heat exchanger with a parallel flow scheme are studied using semi-empirical turbulence 

models: k-ω SST, k-ε, and Transition SST. The analysis of the obtained results showed that the k-ω SST 
turbulence model was more preferable for the calculation of a heat exchanger with a sufficiently small tube 

diameter, because of the effect of the boundary layer in the tube. This turbulence model more pronouncedly 

reproduces the laminar-turbulent transition, which is carried out in these processes, where the viscosity of oil 

strongly depends on temperature. Finite difference and finite volume methods were chosen for numerical 

modelling and calculation of heat exchange processes. The calculations were carried out on the basis of 

Computational Fluid Dynamics, using the Ansys Fluent. The RANS equations closed by means of the 

gamma-Retheta turbulence model, which takes into account the laminar-turbulent transition and the k-ω SST 
model equations, were used for numerical modelling of coolant hydrodynamics. Based on the proposed 

turbulence model, the distributions of hydrodynamic and thermal parameters and similarity criteria (Re, Pr, 

Nu) of the process along the length of the tube are obtained. 
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Introduction 

Fluid dynamics in the innertube space of a heat exchanger is defined by the process’s complexity and is 

determined by numerous parameters. Research in works [1, 2] focus on numerical modeling of heat ex-

change in different types of HE. The findings of heat exchanger calculations are utilized to optimize and in-

tensify heat exchange processes [3–5]. In particular, it has been demonstrated that when turbulence develops, 

the influence of injected oil viscosity on the hydraulic resistance of the pipeline is greatly reduced. 

Unsteady three-dimensional Navier-Stokes equations expressed regarding instantaneous (direct numeri-

cal modelling), average (solution of Reynolds equations), or space-filtered (modeling of massive vortices) 

functions explain the unsteady spatial flow of a viscous incompressible fluid. To close the averaged Reyn-

olds or filtered Navier-Stokes equations, the eddy viscosity hypothesis is used. 

Works in [6–9] investigate the accuracy of various turbulence models used to close the Reynolds equa-

tions. A comparison of the accuracy of various turbulence models used to close the Reynolds equations is the 

subject of further research. Basically, the available calculations use the k - e , k -w  SST (Shear Stress 
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Transport) and Transition SST models. The calculations make it possible to achieve a satisfactory agreement 

between the results of numerical modeling and the data from industrial experiments. At the same time, the 

calculations performed using two-parameter turbulence models do not take into account the laminar-

turbulent transition, which affects the determination of the effective length of the HE [10–13]. 

This paper presents the results of numerical calculations using various turbulence models: the k - e  

model, including models, that take into account the laminar-turbulent transition ( k -w  SST, Transition 

SST). The calculation results are compared with the results of the distribution of the average mass tempera-

ture of oil and water (cold and hot coolants) along the length of the heat exchanger [10], obtained using the 

Log-Mean Temperature Difference (LMTD) method and they are consistent with the literature da-

ta [14; p. 4.1]. A comparative analysis of the obtained results based on these models with data from a physi-

cal experiment and calculations based on semi-empirical dependencies allows us to select an effective turbu-

lence model for use in calculations of direct-flow HE. 

Calculation method 

Numerical modelling of heat transfer processes was based on finite difference and finite volume meth-

ods. To solve this problem, computational fluid dynamics (CFD) methods were used using the Ansys Fluent 

software package, which allows taking into account the effects of turbulence and heat transfer in fluid flows. 

The use of CFD methods in the design of HE allows not only to improve the main indicators of their perfor-

mance while ensuring acceptable mechanical reliability, but also to create designs that practically do not 

need modification. Thermal and hydrodynamic calculations make it possible to analyze temperature distribu-

tion in various conditions of heat exchange with diffusion and convection processes, to optimize the geome-

try of heat exchangers and to calculate hydraulic resistances. 

Closing equations for determining turbulent viscosity, which is calculated using the kinetic energy of 

turbulence, the dissipation of turbulence energy, and the intermittency parameter for the above turbulence 

models, are commonly used in computational fluid dynamics and in various engineering and scientific appli-

cations. These equations for the above three models are given below. All empirical coefficients used in these 

equations are defined in [13]. 

k - e  model: the turbulence kinetic energy k  and the dissipation energy of turbulence e  are 

determined from the following system of equations (1): 
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k -w  SST (Shear Stress Transport) model (2): 
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Here tPq  represents the production term for the momentum thickness Reynolds number;Pg  and  

Eg  are output and dispersal terms of the intermittency; tqs  and gs  are model constants. 

Transition SST model (also known as Re tqg -Re tq ), equation (3): 
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The given equations of the corresponding turbulence models are used to calculate the heat exchanger of 

direct flow type. For example, Figure 1 demonstrates a diagram of an externally insulated Thermal insulation 

straight tube-in-tube heat exchanger where two heat transfer fluids flow in parallel in the same direction. The 

cold coolant, oil, flows through the inner pipe, while the highly heated heat carrierin the outer pipe is water. 

 

 

Figure 1. Schematic diagram of a heat exchanger of direct flow type (parallel flow) 

When solving this problem, the following initial parameters for thermal calculation are used. The inner 

diameter of the pipe through which the cool heat carrier flows is 12 mm, and its outer diameter is 14 mm. 

The inner diameter of the pipe through which the highly heated heat carrier flows is 20 mm. Temperatures of 

cool and highly heated heat carriers in the inlet section are 303 K and 423 K. Mass flow rates of cool and 

highly heated heat carriers are equal to 0.3814 kg/s and 0.6386 kg/s (the velocity in the inlet section is as-

sumed to be 4 m/s). 

The results of calculations agree with the data of numerical modeling and with the results of distribution 

of the average mass temperature of oil and water (cold and hot coolants) along the length of the heat ex-

changer, obtained using the finite difference method and based on numerical modeling [11]. 

Results and Discussion 

Figure 2 demonstrates comparative graphs of the change in the temperature of coolants along the tube 

of the heat exchanger for three models of turbulence for the direct flow of coolants. Here in the figure and 

further for all figures the following designations are introduced: 1 — k -w  SST model; 2 — k - e  model; 

3 — Transition SST model. The figure demonstrates that the temperature change curves of the coolants for 

all three models are alike, in that the temperature of the highly heated heat carrier declines while the tem-

perature of the cool heat carrier arise throughout the tube. 

It can also be noted that for all three turbulence models the temperature differences for both coolants are 

more noticeable and closer to the exit from the HE tubes. An analysis of the temperature change graphs also 

demonstrates that the graph of the heating temperature of the cold coolant (oil) along the tube for the k - e  

model is lower compared to the other two models, and the graph of the cooling temperature of the hot coolant is 

lower for the Transition SST model, while the intensity of oil heating is higher for the k -w  SST model. 

 

 

Figure 2. Variation of water (hot) and oil (cold) temperature along the length of the tube in parallel flow for all three 

models, the triangular icons correspond to the results of calculations using the LMTD method 
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This figure also demonstrates that for the k - e  model, the temperature change for both coolants is line-

ar along the length of the HE tubes. 

The differences between the models are explained by sensitivity to viscosity profiles and turbulent en-

ergy distribution. 

Figure 3 demonstrates the dissemination of the axial component of the oil velocity in the radial direction 

in the cross sections of the pipeline during straight flow for given turbulence models, namely the k -w SST, 

k - e  and Transition SST models. Velocity profiles are given at two cross sections of the HE tubes, namely at 

1.5 m from the tube inlet and at the outlet, where these cross sections are shown in the figures. For all consid-

ered turbulence models, the velocity profiles have the form of logarithmic distribution. For the flow patterns of 

heat carriers in direct flow, the velocity profiles closest to the turbulent flow correspond to the k -w  SST and 

Transition SST models, which is natural, since the k - e  turbulence model more accurately represents the 

movement outside the boundary layer, and heat exchange between the heat carriers occurs mainly in the bound-

ary layer. Moreover, such profiles are pronounced in the cross-sections at the outlet of the tube. 
 

 

Figure 3. Dissemination of the axial component of oil velocity  

in different cross sections of the pipeline in the radial direction 

The axial velocity component grows from center to wall depending on the model. The k -w  SST mod-

el gives smoother dissemination. 

Figure 4a demonstrates a plot of the dependence of the Reynolds number Re on the tube length L in the 

case of straight flow for different turbulence models. It can be seen from this figure that the laminar-

turbulent transition is clearly observed also in the straight stream within a distance x = 3–3.2 m for the case 

of k -w  SST model, and this transition for this model starts at numbers around Re = 2300 in the straight 

stream. For the other two turbulence models, this effect is weakly pronounced in the straight flow case. 
 

 

Figure 4. Distribution of Reynolds numbers for a smooth tube along the tube length (a)  

and dependence of the oil Prandtl number on temperature (b) 



A.S. Zhumanbayeva, N.Zh. Jaichibekov, D.Y. Kurmanova  

72 Вестник Карагандинского университета 

Figure 4b demonstrates the dependence of the Prandtl number for oil on temperature in cases of straight 

flow for turbulence models k -w  SST, k - e , and Transition SST. From the figures it is clearly seen that for 

the scheme of straight flow of coolants, the movement of coolants at moderate temperatures (from 30 to 40 

degrees Celsius) the value of Prandtl number has the highest value for the turbulence model k -w  SST and 

the lowest value for the Transition SST model, and for the model k - e  values in between. Taking into ac-

count that the Prandtl number is defined as the ratio of the kinematic viscosity coefficient to the diffusivity of 

the medium, we can conclude that near the solid boundary of the tube the viscosity of the medium plays a 

significant role, which is expressed in the k -w  SST model. 

 

 

Figure 5. Variation of heat flux qw along the length of the heat transfer wall (a)  

and wall temperature Tw along the length of the heat transfer wall on the oil side (b) 

Figure 5a demonstrates the plots of heat flux qw variation along the length of the heat transfer wall of 

the coolant motion for the three turbulence regimes. It can be seen from the plots that the behavior of the heat 

flux curves is identical for both schemes and for all turbulence models. 

At high turbulence (curve 1) the wall temperature is higher along the entire length, which is due to im-

proved heat transfer, while at lower turbulence (curve 3) the wall temperature is lower, indicating less effi-

cient heat transfer. The temperature curves have a smoother and decreasing character along the length of the 

tube. 

Figure 5b demonstrates modification in the temperature of the Tw wall along the length of the heat trans-

fer wall from the oil side, where a laminar-turbulent transition is distinguished, this effect is not distin-

guished in the other two turbulence models. 

In the case of strong dependence of viscosity on temperature as the coolant is heated, the flow regime 

changes from laminar to developed turbulent. In this case, using the local heat transfer coefficient α, the rela-

tionship for the local Nusselt number is valid: Nu /gd= a l . 

Figure 6a demonstrates that the Nusselt number for the k -w  SST model is larger at the inlet of the HE 

tube; this can be explained by the fact that the Nusselt number characterizes the intensity of heat transfer due 

to convection, expressed through the heat transfer coefficient of the medium. 

Figure 6b demonstrates the distribution of the heat transfer coefficient along the tube length for all three 

turbulence models considered. The heat transfer coefficient  was calculated by the known formula through 

the heat flux through the wall and the temperature difference between the liquid medium and the solid wall 

by the formula ( )/w wq T Ta = - . 

It can be seen from the figure that the laminar-turbulent transition for both flow patterns, i.e., also in the 

direct flow, is observed only for the k -w  SST model. 
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Figure 6. Dissemination of heat transfer coefficient along the length of the tube  

and difference of number Nu along the length of the tube 

From the given figure it is also possible to notice that in the region of the tube length x = 3 m, for both 

cases the laminar-turbulent transition of the oil flow regime is visible, while for other two turbulence regimes 

the change of Nu number along the tube length is more uniform. The results are compared with laminar re-

gime (Poiseuille formula) and turbulent regime (Blasius and Nikuradze formulae). 

Figure 7a demonstrates the curves of variation of overpressure values Pg along the length of the tube for 

the three turbulence regimes. Here, for all three turbulence modes, there is a drop in the overpressure (hence, 

and absolute) pressure along the entire length of the tube. At the exit of the tube, the overpressure approaches 

zero, i.e., the absolute pressure approaches the atmospheric pressure value. Here we also observe a signifi-

cant increased pressure for the k - e  turbulence model, which is probably explained by the failure to take 

into account the influence of the boundary layer in this turbulence model. 

The pressure distribution along the tube steadily decreases as expected for steady flow. Figure 7b 

demonstrates the variation of the friction coefficient λ along the length of the tube for straight flow and coun-

terflow for the three turbulence regimes. 

The figure demonstrates that the values of the friction coefficient for the k - e  turbulence are much 

higher than the corresponding values for the two turbulence regimes along the length of the tube, which is 

most likely a consequence of not taking into account the effect of the boundary layer on the tube wall. 

At the same time, the values of λ for the k - e  and Transition SST models in the graph lie higher in 

both shape and values. It should also be noted here that it is for the k -w  SST turbulence model that the 

laminar-turbulent transition is pronounced for both schemes and that occurs at a distance of 3–3.5 m from the 

beginning of the tube. 

 

 

Figure 7. Variation of overpressure Pg and friction coefficient λ along the length of the tubing 



A.S. Zhumanbayeva, N.Zh. Jaichibekov, D.Y. Kurmanova  

74 Вестник Карагандинского университета 

Conclusion 

Based on a numerical analysis of the heat exchanger of the type “tube-in-tube” using k -w  SST, k - e  

and Transition SST various turbulence models the following major results are obtained. For all turbulence 

models, a characteristic behavior of the temperature curves is observed: the temperature of the highly heated 

heat carrier declines while the temperature of the cool heat carrier rises along the length of the tube. The 

k -w  SST model demonstrates the greatest heating of the cool heat carrier, while the k - e  model demon-

strates a smoother and more linear behavior of the temperature profile. It follows from Figures 2 and 5b that 

the numerical values of the distribution of the mass average temperature of oil along the HE tube and its dis-

tribution along the tube surface are higher for the k -w  SST model, which indicates the effectiveness of us-

ing this model for numerical calculation. 

The oil axial velocity profiles have a logarithmic shape for all models and are more pronounced for the 

k -w  SST and Transition SST models, especially in the outlet sections, indicating a more reliable modelling 

of turbulent processes near the wall. The k - e  model reflects the boundary layer effect worse, which limits 

its applicability in problems with active heat transfer near the wall. The laminar-turbulent transition is most 

clearly recorded when using the k -w  SST model, in the range of 3–3.5 m from the tube inlet, which is con-

firmed by changes in the Reynolds number, heat transfer coefficient and friction coefficient. 

For all models, the expected decrease in overpressure along the tube is observed. However, the k - e  

model demonstrates higher pressure values, probably due to insufficient consideration of boundary effects. 

Numerical values of heat flux through the tube wall appear to be higher for straight flow and heat transfer effi-

ciency (in terms of Nusselt number) at the tube outlet. The Prandtl number for oil is maximized in the k -w  

SST model, which is due to the largest contribution of the viscosity of the medium near the tube wall. This em-

phasizes the advantage of this model in modelling heat transfer with strong temperature dependence of viscosity. 

Taking into account more accurate description of transient modes, correspondence of numerical simula-

tion results to physical processes in the boundary layer and satisfactory representations of temperature and 

hydrodynamic profiles, the k -w  SST turbulence model can be considered as the most acceptable in calcula-

tions of heat exchangers with smooth tube surface in HE. These studies also emphasize the importance of a 

properly chosen mesh and the need to calibrate the models depending on specific heat transfer conditions or 

other processes. 
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А.С. Жұманбаева, Н.Ж. Жəйшібеков, Д.Е. Құрманова 

Турбуленттік модельдердің жылу алмастырғыш аппараттарды  

есептеудегі жылу тасымалдағыштардың гидродинамикалық  

жəне жылулық параметрлеріне əсерін зерттеу 

Мақалада k–ω SST, k–ε жəне transition SST турбуленттілігінің жартылай эмпирикалық модельдерін 
пайдалана отырып, тікелей ағындар схемасы үшін «құбырдағы құбыр» типті жылу алмастырғыштағы 
(ЖАА) суық (мұнай) жəне ыстық (су) жылу алмастырғыш арасында болатын жылу алмасу процестері 
зерттелді. Талдау нəтижелері көрсеткендей, түтіктің диаметрі өте аз жылу алмастырғышты есептеу 
кезінде түтіктегі шекаралық қабаттың əсерін ескере отырып, k–ω SST турбуленттілік моделі қолайлы 
болды. Бұл турбуленттілік моделі ламинарлы-турбулентті ауысуды айқынырақ көрсетеді, ол осы 
процестерде жүзеге асырылады, мұнда мұнайдың тұтқырлығы температураға өте тəуелді. Жылу 
алмасу процестерін сандық модельдеу жəне есептеу үшін ақырлы айырымды мен ақырлы көлем 
əдістері таңдалды. Есептеулер ANSYS Fluent бағдарламалық кешенін пайдалана отырып, есептеу 
гидродинамикасы (Computational Fluid Dynamics, CFD) құралдарының негізінде жүргізілді. Жылу 
алмастырғыштардың гидродинамикасын сандық модельдеу үшін ламинарлы — турбулентті ауысуды 
жəне модельдің k–ω SST теңдеулерін ескеретін gamma-Retheta турбуленттілік моделімен тұйықталған 
Рейнольдс бойынша орташа Навье-Стокс теңдеулері (RANS, Reynolds-averaged Navier — Stokes) 

қолданылды. Ұсынылған турбуленттілік моделі негізінде гидродинамикалық жəне жылу 
параметрлерінің таралуы, сондай-ақ ЖАА түтігінің ұзындығы бойынша процестің ұқсастық 
критерийлері (Re, Pr, Nu) алынды. 

Кілт сөздер: жылу беру, сандық есептеу, жылу алмастырғыш, мұнай, гидродинамика, салқындатқыш 
сұйықтар, жылу ағыны, ламинарлы-турбулентті ауысу, үзіліссіздік, жылу алмасу қарқындылығы, 
тұтқырлық 
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Исследование влияния моделей турбулентности  

на гидродинамические и тепловые параметры теплоносителей  

в расчетах теплообменных аппаратов 

В статье проведено исследование теплообменных процессов, происходящих между холодным (нефть) 
и горячим (вода) теплоносителями в теплообменном аппарате (ТОА) типа «труба в трубе» для схемы 
прямоток, с использованием полуэмпирических моделей турбулентности k–ω SST, k–ε и Transition 
SST. Анализ полученных результатов показал, что при расчете теплообменного аппарата с достаточно 
малым диаметром трубки более предпочтительной оказалась модель турбулентности k–ω SST, из-за 
учета влияния пограничного слоя в трубке. Данная модель турбулентности более выражено воспроиз-
водит ламинарно-турбулентный переход, который осуществляется в данных процессах, где вязкость 
нефти сильно зависит от температуры. Для численного моделирования и расчета теплообменных про-
цессов были выбраны методы конечных разностей и конечных объемов. Расчеты проводились на ос-
нове средств вычислительной гидродинамики (Computational Fluid Dynamics, CFD), с использованием 
программного комплекса Ansys Fluent. Для численного моделирования гидродинамики теплоносите-
лей применялись осредненные по Рейнольдсу уравнения Навье-Стокса (RANS, Reynolds-averaged 

Navier-Stokes), замкнутые при помощи модели турбулентности gamma-Retheta, учитывающей лами-
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нарно-турбулентный переход и уравнения k–ω SST модели. На основе предложенной модели турбу-
лентности получены распределения гидродинамических и тепловых параметров, а также критериев 
подобия (Re, Pr, Nu) процесса по длине трубки ТОА. 

Ключевые слова: теплопередача, численный расчет, теплообменник, нефть, гидродинамика, охлажда-
ющие жидкости, тепловой поток, ламинарно-турбулентный переход, перемежаемость, интенсивность 
теплообмена, вязкость 
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